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Hugmmveckne rpymmsi, remeparopel. Heiw B rpymme G mmeercs Takoi
DAEMEHT £, 9TO ero CTeleHH g' MCYEPUHBAIOT BCE HIeMEHTH IPYIEL T, e,

G = {g* g21 £ 5y in T 3“23}1 (32)

10 Takad TPyINa HAZHBACTCA IMKIMYECKOH W MOPATOK ee pasen n. Takosm Bee
PPYLIIL CHMMTDHE 1I0BOpOTOB Ha 2n/n, oosHauaembie C,. Takoi siemen giy
CTEHEHAMH KOTOPOTO ABJAKTCA APYIHe HJIeMeHTH IPYNIH, HAGHBAETCA MOPOsK-
AAIOTIVIM a.1eMeHTOM, Wi renepatopom. Ecan rpynma we ssuseres OHKIAYECKO],
TO B Hell MOKHO BHIIGJHTH HECKOJBKO JIIEMEHTOB, CTENCHH H UPON3BEICHIA KOTO-
PHIX JIA10T BCe 1 dAEMEHTOB rpymms (.

dajiamme rpynmu raGaumnei YMHOREHUA  HArIAmHO, HO MaGHTOwHO, [Toip-
JYACH TOPORNAIOIIAMEA dIeMEHTAMH W 3a1aR OIPeIeTAIONIHe COOTHOMCHMS MejK-
Ay HUMH, MBI TaKiKe IONYYHM IOJHOE ONMHCAHHE rpymnst. (g rpynos 32

FEHEPATOPAMH MOTYT CTYRHTH g, W M1060i 3 Ear 1y &5y OLPENlRAAIONHE COOTHO-
metus rakosut (cp. ¢ (30)):

B =8 = (Bgs) = e. (33)



BamusiM pasfelenmeM KpECTALIOrpaguiIeckux rpymn K spasercsa paspe-
JeHHe Ha cevb cHATOHm. B ocHoBe aToro pasjieleHHA JeAKH1 IPH3HAK TOUET-
HOM CHMMETHH [DOCTPAHCTBEHHOH DEMIeTRH KPHCTAlla, KOTOPAA IPOABIAETCH
B CHMMETDHN STeMERTADHOT0 Dapalieieuume/la B BHPA/KACTCA B ONPEACICH-
HHX COOTHOMEHHAX MeALy ero mepmofavi ® yraam. Pasgenerme rpymn K
10 570y IPUBHAKY JaDAKTEPU3YETCA TeM, 970 PACCMATPHBACMAA CHMMOTPHA —
kpucrajnorpaduuecka, onpefeiseMas HAIMTHEN y KpHCTATIOB mPOCTPaHCT-
penoft pemerxm. Hmxe, B § 8, Mbi Gyzes mOIPoGHO paccuMaTpHBATh CHNNETPH
pemeTKH H pasjeleHde Ha CHETOHNI, a ceilgac WX TOJBKO OXapaKTepuayeM.

XapaKkTepHCTHKH CHHTOHRI # pacmpelelenme IO HiM IPYIM K maub B
ra6r. 3m5. B cayuae TPHKIMEHON CHRTOHMH BCE IEPHOB HE PABHA APYT APYTY:
a = P 5= ¢, 1 YIAH MEKIY ocAMH % 7= F | TaKiKe OTIHIAI0TCA APYT OT 1pyra;
B BHCMeH, KyOmueckoil cumromin ¢ =b=¢, %= f =1y =9 Ocrarcuse
¢AyYal — TeKcaroHaIbHOH, TPHrOHATBHOI (e HA3HBAME M poMB0aJpHIecKoi),
TeTparoHaNbHOM, poMOHIECKON H VOHOKIMHEOI CHHTOHUE — HMPOMEKYTOTHbI®
W XapaKTePHAYIOTCA 3HAUCHHAMII BCEX I HEKOTOPHIX YIJIOB 90° (nmm 60°) m
PABEHCTBOM BCEX HH HEKOTOPHIX HEPHOTOB MEKAY o001,
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[pynoe K — 970 TPYIIIE! CHMMETPHE pHemHeil Gopysl (0rpaHKm) Kpucrai-
108, OHM, & 36ATAT U CHETOHHA KPHCTAIIOB, MOTYT OBTH HAMJEHI 13 maMepeHil
premuell QopMbl; KOHEWHO, 9T0 MOKHO C7eaTh N pentrenorpaduseckn. Bee
rpymms K, npumajiesanie K JaHAOM CHATOHI, ABIANTCA MOArPYITON BHIC-
meil rpymmE, XapaKTepu3yomed CHHTOHII. Takas rpynma HazsiBaetcs roo-
ypUTECKOll — 370 HaaBamme NPOHCXOJHT H3 PACCMOTPPHIA OTPAHKI KpHCTal-
a0s (cm. ra. II1, § 1) m o3Hataer «moAHOTPAHHARD.

Toueyasie TpYNNH CHMMETDHH ONMCHBAIT He TOABKO BHELIHION dopmy
KDHCTAJLIOB, HO W HX CBoiictBa. [l1A NAHHOTO KPHCTAIIA TOHETHKIC I'PYIIL
OrpAaHKH I Pa3THINEX CBOHCTB MOTYT GRTh PASHBIMH, HO OHH CBA3AHH MEIKAY
cofoit Taxmm ofpasoy, 9T0 BCe ABIANTCHA mOATPYNNON Tpefle’bHOR TPy
NAHHOTO cemeifcTBA 1 caMa 37Ta Hpe/leTbHAA IPYNNA MOKET OMHCHBATH Kakme-
ubyab cBoiicrsa, a rpynma K BRemHell (HOpMB ABIAETCA HAMRN3IEH B aToN
cosorynmocTa. Takoe IposiBIeHHe PasHoii, HO COTONUMHEHAON TOUEIHOH CHM-
MeTPHH KpHCTANJIa B DA3IMTHEIX ero (HamIecKHX CBOHCTBAX HASHBAIOT MPI-

e

AIETOM MAKCHMAJZBHOH 1 MITHHMATBHOH CHMMETDHH (oM. 1. 4).
- - - n
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6.6. Ilpegcrasienus TOUEHHbIX TIPYIL K. B § 3 MH BeACHHIH, 970 TPyOHa
G woser GuTh mpeicTapaena m3oMopdHOH eit (28) mam romomopdmoit eil (31)
rpynuoit H, saeMeHTH KoTOpOil MOTYT OWTH YHCIaMi, MaTpanawd i 7. II.

Tounoe (m3ouoppHOe) mpeicTapIeHue IPYIN K nawr wmarpums D(g) (6)
ppeofpasoBaHmil KOOPIHHAT, COOTBETCTBYIONHE MaHHOH omepamun £ & K.
CoBOKYIHOCTh TAKHX MATPHI| 00pasyer TOTHOE BEKTOPHOC npeficrapierne (pas-
MEPHOCTH 1) COOTBETCTBYIOMel Tpynmbl, TAONMNA YMHOKEHHA STHX MaTpHI
[0 OpaBHAM MATPHIHOTO YMHOKEHHA (45) cooTeTcTBYeT TabaMIe YMHOKEHEA
prementoB g;. (Marpmmsl mOpoAAAIONIHX omepamuii faEH B Tabl. 9.)

Hanmpuyep, A1a rpymis K = 9/m BeKTOpHOe mpeicTaBieEme [ mpm cme-
nuaibEOM BhOOpe ocedl X, X,, X, (raba. 9) mueer BOA:

2im ={ 1, 2, 1, m Y, (16)
I {1 0 0] [—1 0 0 —1 o offpt o0 O

pemy=1{{0tof| o —to}]] 0~ E}H,t}i ﬁ], (77)
O O 3 0 1 0 0 —1¢ 0 0 —1



Herpymno yGemmtbes, wro, mampmwep, ymmomemmio 21 = m orsewaer ymmo-
/HeHue CooTBeTcTBYIOmMuUX Matpmm m3 (77).
N3 takoro poma BerTopHmX upefcraBienmii rpymnm K, ecan mepeiTn K

ApYTHM oproromaipEEM ocayM X;, X3, X3 ¢ momompio meocoGemmoro mpe-
00pasoBanMA §, MOZKHO IOJYTHTH APYTHE IKBHBAICHTHHE HPEICTABICHHS TOil
we rpynnsl D¥(g) = SD(g)S-'. Ho mam Beex skBHBaTeHTHHX IpecTapienuil
COXpaHAGTCA C/el MaTPHIH — Xapakrep mpexgctasiemus %(g) (51).

Tak, xapakrepn aneventos % (g) rpymns 2/m Bo Beex BEKTOPHKIX OpTOTO-
HAaIbHO-OKBHBAJIEHTHRIX npefcraBieHnsax D (G) paBaw

1@ ={)=3 1@ =1, y(I)==3, 3 m)=1). (78)

13 Bextopsix npenctapiennit rpynn K mo ompeiesenmsy IpaBUIaM MOKHO
NONYINTE TEH30PHbIe IpejicTaBAeHnA cTenenn 37, . . ., 3°, 9r0 BaKHO N1 ana-
An3a (UBHYECKHX CBOMCTB KPHCTAIIOB, OUHCHBAEMHX TEH30DAMH Pa3IHIHLIX
parros. Ilpm atom coorserctsyiomme warpumm D2, ..., D* nepeMHORAITCH
I0 IpaBHIaM TeH30PHOTO VMHOKEHH.
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